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The philosophy of Ginzburg and Soudry

Kernel integrals

I (fs, ϕπ) (h) =
∫

G(k)\G(A)

ϕπ(g)K (fs) (t(g,h)) dg.

D. Ginzburg and D. Soudry. Integrals derived from the doubling method. IMRN (2020).
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An identity on Eisenstein series by Ginzburg–P-S–Rallis 1997

A construction

E (fχ,s, ϕσ) (h) =

∫
O2m(k)\O2m(A)

ϕσ(g)E (fχ,s) (t(g,h)) dg.

Theorem [Ginzburg–P-S–Rallis, 1997]
E (fχ,s, ϕσ) is an Eisenstein series.
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Unramified calculations

Local integrals arise from the global integral

I (fχν ,s, ξσν ) (h) =

∫
O2m(kν)

fχν ,s (ε̃t(h,g))χ−1
ν (det(g))σν (g) ξσνdg.

Theorem [Ginzburg–P-S–Rallis, 1997]

I
(
f ◦χν ,s, ξ

◦
σν

)
(I2+2m) =

L (s + 1, χν ⊗ σν)∏m
j=1 L

(
2s + 2j , χ2

ν

)ξ◦σν .
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Main results

I applied this philosophy for GLn.
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Relation to Godement-Jacquet integral

Theorem [H., 2022]

I
(
f ◦s,ν , ξ

◦
πν

)
(Im) =

ZGJ(m(s + 1
2)− n−1

2 , cξ◦πν ,ξ̌◦πν ,Φ0)

L(m(s + 1
2), ωπν )

ξ◦πν .
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About the proof

There are exactly n double cosets in Pmn−1,1\GLmn/t (GLm × GLn)

For 0 ≤ r ≤ n − 1

εr :=

I(m−r)n−1
Irn

1

I(m−r)n−1 0 0
1 br

Irn

 ,

where br :=
(
eT

n−1,e
T
n−2, . . . ,e

T
n−r
)
.
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Thank You!


